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Abstract: In this paper, we study maximal duo subrings in non-duo rings and investigate their structural
properties. First, the definition and properties of maximal duo subrings are presented. Assuming, that these
subrings are inverse-closed, their behavior in ue-rings is studied, and it is shown how certain properties
of these subrings are transferred to the original ring. Furthermore, extremely duo rings, in which every
element is either central or invertible, are introduced. Considering commutative rings and division rings
as trivial examples of these rings, a nontrivial example is also constructed. It is shown that, in the non-
trivial case, such rings are local, with the unique maximal ideal being the annihilator of the set of additive
commutators of the ring. Moreover, it is proved that the quotient ring modulo this maximal ideal is a field.

Keywords: duo ring, extremely duo ring, inverse-closed subring, ue-ring.
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